belong to K.
We will use the notation (3) m £ i« ("/(z) is subordinate to g(z)") to mean that/(z), g(z) are both regular in \z\ <1, that g(z) is univalent there, and that every value taken by f(z) in |z| <1 is also taken by g(z) (see [2; 3] ). It was shown in [l] that (4) Vn(z;f)Qf(z) (»=1, 2, ■•■)
for every/(z)G-K, and it was pointed out that even
is likely, though this was not verified except for (6) Mz) = 0(1 -i)"1.
In the following paragraphs we will show how consideration of the problem (5) leads, in a natural way, to the question of characterizing certain kinds of factor sequences (see [6] ), and although we cannot decide the truth or falsity of (5), a closely related question will be completely settled (Theorem 2, infra).
II. Subordinating factor sequences. An infinite sequence {b,}? of complex numbers will be called a subordinating factor sequence if whenever (7) /(a) = ¿ a,z> £ K we have 00 (8) ZaAz'Ç/(z).
A finite sequence {br\" will be called a subordinating factor sequence if (7) implies (8) whenever an+i = an+2= • • • =0. The class of such infinite sequences we denote by ï, and that of sequences of length n by £Fn.
Proof. This is immediate from the easily established identity The left hand side is thus exhibited as the centroid of a nonnegative mass distribution of total mass one, on a convex curve, and therefore lies inside that curve, which was to be shown.
Several results, some well known, follow immediately from Theorem 2. Corollary 1. If {bv ) " G ff, {c,} " G ff, then {bvcv} f G ff.
Since from (12), the result of applying a sequence of ff to an arbitrary analytic function is a function which maps the unit circle into the convex hull of the original image, the result of applying these two sequences to/(z) in succession is clearly subordinate to/(z). (4) is true.
Indeed, from (6) and (6' Concerning the open question (9) we may now see that, in any event, the sequence {1 -v2/n2}" is not extendable to a sequence of £F since that would require the positivity of the Toeplitz matrix we would find that the means of the function >,qv&"z'' are subordinate to the function itself, and in view of a recent result of Robertson [7] , it would follow that 23a"°-z"GK-
